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	PART 1: Comments

	
	Reviewer’s comment
Artificial Intelligence (AI) generated or assisted review comments are strictly prohibited during peer review.
	Author’s Feedback (Please correct the manuscript and highlight that part in the manuscript. It is mandatory that authors should write his/her feedback here)

	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.
	This manuscript contributes to the study of figurate numbers by revealing novel patterns involving ranks of special polygonal numbers and their relationships with square integers. The work provides recurrence relations that govern the ranks of these m-gonal numbers, offering valuable insights into their algebraic structure. Moreover, the investigation of linear combinations of unequal ranks that yield a square multiple of six opens new directions for further research in number theory. These results may lead to deeper
understanding of Diophantine equations and generalized figurate number systems.
	

	Is the title of the article suitable?
(If not please suggest an alternative title)
	The current title, "A Perusal of Special Polygonal Numbers in Relation to Nasty Numbers of the form 6Square Integer,"* conveys the general idea of the paper. However, the expression “6*Square Integer” is not mathematically precise or conventional. It would be more appropriate to use a formal mathematical phrasing such as “integers of the form 𝟔𝒌𝟐” or “six times a perfect square.” This would improve clarity and align the title with academic standards in mathematical writing.
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	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.
	Yes, the abstract is comprehensive and clearly summarizes the main objectives, methods, and findings of the article. It provides sufficient context for the reader to understand the scope and significance of the study. No additions or deletions are necessary at this stage.
	

	Is the manuscript scientifically, correct? Please write here.
	Yes.
	

	Are the references sufficient and recent? If you have suggestions of additional references, please mention them in the review form.
-
	The current list of references is not entirely sufficient, particularly given the mathematical depth and historical context of figurate and polygonal numbers discussed in the manuscript. To enhance the scholarly foundation of the work, it is recommended to include the following references:
1. Deza, E., & Deza, M. (2012). Figurate Numbers. World Scientific.
This book serves as a comprehensive handbook on figurate numbers and provides valuable historical and theoretical background relevant to the manuscript's topic.
2. Emin, A. (2022). Some Algebraic Structure on Figurate Numbers. Bitlis Eren University Journal of Science and Technology, 11(2), 604–612.
This article explores algebraic structures on figurate numbers, directly supporting and complementing the manuscript’s mathematical approach.
3. Emin, A. (2023). Some Multi-Figurate Numbers in Terms of Generalized Fibonacci and Lucas Numbers. The Aligarh Bulletin of Mathematics, 42(1), 107–123.
This recent work investigates multi-figurate numbers in connection with generalized Fibonacci and Lucas sequences, which aligns with the manuscript’s treatment of recurrence relations and special forms of figurate numbers.
Including these references would strengthen the manuscript’s theoretical background and demonstrate awareness of relevant recent literature in the field.
	




	Is the language/English quality of the article suitable for scholarly communications?
	The overall structure and terminology of the manuscript are generally appropriate for scholarly communication; however, the English language quality requires some revision. In particular, there are multiple instances where punctuation marks are either missing or incorrectly used. Periods are often omitted at the end of sentences, and commas are missing where needed to ensure clarity. Attention to such punctuation rules, along with careful proofreading, will improve the readability and professionalism of the manuscript.
	

	Optional/General comments
	1. All mathematical characters and equations appearing in the text must be written using the "Equation" tab in Microsoft Word or a program such as MathType.
2. General formulas for polygonal numbers, including those for triangular numbers and decagonal numbers mentioned in the text, must be included in the manuscript. The construction of the expression (8d  3)2  25  48A2 should be explained clearly. The derivation of other similar equations must also be presented in detail.
3. Polygonal numbers should be represented using proper notation. For example, the nth
triangular number should be denoted by Tn, and the nth pentagonal number by Pn
.Expressions like "2 * Decagonal - 2 = 6A²" are not appropriate. Instead, if the nth
decagonal number is denoted by Dn , the expression should be written as 2D  2  6A2
n
. Furthermore, there is no explanation of what A represents. All symbols must be clearly defined.
4. Punctuation has not been properly used throughout the manuscript. Periods should be placed at the end of sentences, and commas must be used where appropriate.
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	Reviewer’s comment
	Author’s comment (if agreed with the reviewer, correct the manuscript and highlight that part in the manuscript. It is mandatory that authors should write his/her feedback here)

	Are there ethical issues in this manuscript?
	(If yes, Kindly please write down the ethical issues here in detail)
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