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	PART 1: Comments

	
	Reviewer’s comment
Artificial Intelligence (AI) generated or assisted review comments are strictly prohibited during peer review.
	Author’s Feedback (Please correct the manuscript and highlight that part in the manuscript. It is mandatory that authors should write his/her feedback here)

	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.
	The manuscript presents two novel techniques to obtain analytic approximations for the Bessel function J₁(x), integrating power series and asymptotic expansions with rational and elementary functions. The proposed approach is mathematically sound and offers improved precision compared to previous methods such as MPQA and Padé approximations. The presentation is technically robust and relevant to applied mathematics and physics
communities, especially in areas involving special functions and approximation theory.
	

	Is the title of the article suitable?
(If not please suggest an alternative title)
	Yes. The title accurately reflects the content and methodology.
	

	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.
	The abstract concisely summarizes the methods and main results. However, it could be improved by explicitly mentioning the two methods compared and their respective error performance.
Suggested addition: Include a brief mention that “two analytic approximation procedures
were developed, yielding maximum absolute errors of 0.008 and 0.004 respectively.”
	

	Is the manuscript scientifically, correct? Please write here.
	Yes. The mathematical derivations are coherent and appropriately justified. The equations and references support the methodology effectively.
	

	Are the references sufficient and recent? If you have suggestions of additional references, please mention them in the review form.
-
	The references are relevant but somewhat dated (mostly before 2012). Including a few more recent works on analytic or numerical approximations of Bessel functions would strengthen the paper.
	

	
Is the language/English quality of the article suitable for scholarly communications?
	The English is understandable but contains several grammatical and stylistic errors. Minor language editing is recommended to improve clarity and readability.
	

	Optional/General comments
	· Figures should include clearer axis labels and captions.
· Some equations contain typographical errors (e.g., inconsistent spacing in Eq. 6).
· The comparison with standard Padé and MPQA methods can be expanded slightly to highlight advantages quantitatively.
	







	PART 2:

	
	Reviewer’s comment
	Author’s comment (if agreed with the reviewer, correct the manuscript and highlight that part in the manuscript. It is mandatory that authors should write his/her feedback here)

	
Are there ethical issues in this manuscript?
	No ethical issues identified.
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