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	PART  1: Comments


	
	Reviewer’s comment
Artificial Intelligence (AI) generated or assisted review comments are strictly prohibited during peer review.

	Author’s Feedback (Please correct the manuscript and highlight that part in the manuscript. It is mandatory that authors should write his/her feedback here)

	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.

	The manuscript explores an original class of integers termed “nasty numbers,” presenting structured algebraic characterizations linking them to Pythagorean parameterizations, Pell equations, and polygonal number theory.
	

	Is the title of the article suitable?
(If not please suggest an alternative title)

	The title is concise but may be too informal.
	

	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.

	yes
	

	Is the manuscript scientifically, correct? Please write here. 
	The manuscript contains several correct constructions, and many derived expressions appear mathematically valid. However, some definitions (particularly that of independent nasty numbers) are unclear or incorrect, and several proofs rely on unspoken assumptions about factor pairs.
	

	Are the references sufficient and recent? If you have suggestions of additional references, please mention them in the review form.
-
	The reference list is limited and should be expanded.
	

	
Is the language/English quality of the article suitable for scholarly communications?

	

yes


	

	Optional/General comments

	Recommendation: Major Revision

1. Definition of Independent Nasty Numbers (Critical Issue)
The current definition of “independent nasty numbers” in the manuscript is incorrect and unclear. The manuscript does not formally explain what independence means. The term should be defined in a mathematically precise way. Suggested corrected definition:
2. Clarity and Definitions
The manuscript uses several factor-pair relations without explicitly stating assumptions. The basic definition of a nasty number must clarify:
• use observation without any proof or logic like as perfect number observatio
• permitted domains for variables  

3. Rigor in Pell-based Constructions
The claim of infinitely many “twin nasty numbers” using Pell equations must be rewritten with:
• Exact Pell equation  
• Fundamental solution  
• General solution form  
• Demonstration that each solution yields a valid twin nasty pair.  

4. Completeness of Proofs
Observations such as “6p is nasty only when p = 5” assume specific factor pairs. This must be shown for all possible pairings or restated with explicit assumptions.

5. Modular Arguments Require Detail
Claims about unit-digits (e.g., nasty numbers cannot end in 2 or 8) require full modular proof (mod 10 case-based reasoning).

The manuscript lacks comparison with previous work on:
• Pythagorean triangle areas  
• Parametric Diophantine factorizations  
• Polygonal number theory  
A formal “Related Work” section is needed.

7. Organization and Structure
The manuscript jumps frequently between examples and derivations. Reorganize into:
• Definitions  
• General Parametric Forms  
• Independent, Twin, Double, Triple Nasties  
• Applications  


Conclusion:
The paper presents interesting constructions, but major revisions are needed for correctness, clarity, and structural precision. After revisions, the manuscript has potential for acceptance.
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