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PART 1 (Importance of the manuscript) 

	
	Comments of the Reviewers
	Author’s Feedback 



	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.
	This paper dives into the relationship between the radio number of a graph and two other important graph metrics: the clique number and the chromatic number. The concept of radio labeling was inspired by the real-world challenge of assigning frequencies to radio stations, ensuring that nearby stations don’t interfere with each other. The paper establishes valuable bounds that connect these three parameters and demonstrates, for every non-negative integer m, which graphs can (or cannot) have a radio number that matches the clique or chromatic number plus m. This research addresses a significant gap in the existing literature and aids researchers in gaining a deeper understanding of the structure of radio labelings. The findings are backed by thorough proofs and tangible graph constructions, complete with illustrated examples.
	


PART  2.1 (Objective Evaluation)
	
	Rating of the Reviewers
	Author’s Feedback 

	1. Is the title clear and appropriate for the study? 

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	2. Is the abstract of the article comprehensive? 

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	3. Are the keywords appropriate and useful?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	4. Is the background information of the paper sufficient and well organized?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	3
	

	5. Are the research objectives/hypotheses clearly stated?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	6. Is the literature review relevant and up to date?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	3
	

	7. Is the research methodology appropriate for the study?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	8. Were ethical issues properly addressed (if applicable)?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A
	

	9. Are the results presented clearly? 

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	10. Are tables and figures clear, relevant, and necessary?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	3
	

	11. Does the discussion relate findings to existing literature?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	3
	

	12. Are the conclusions supported by the data?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	13. Are the limitations of the study discussed?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	2
	

	14. Are the references relevant and sufficient (in number)?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor 

N/A = Not Applicable
	3
	

	15. Is the manuscript written in clear and understandable language?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor 

N/A = Not Applicable
	4
	


PART  2.2 (Subjective Evaluation)
	
	Reviewer’s comment


	Author’s Feedback (It is mandatory that authors should write his/her feedback here)



	Is the title of the article suitable?

If your answer is NO, please provide a brief, clear suggestion for improvement.
	Yes. The title is straightforward and perfectly captures what the content is about. It includes all three graph parameters discussed in the paper, so there's really no need for any changes.
	

	Is the abstract of the article comprehensive? 

If your answer is NO, please provide a brief, clear suggestion for improvement.
	Yes. The abstract does a great job of outlining the main concepts and objectives. One small suggestion would be for the authors to include a mention of one or two key findings—like the fact that no graph exists with rn(G) = omega + 1. This could really help readers grasp what the paper is proving.
	

	Is the manuscript scientifically correct? 

If your answer is NO, please provide a brief, clear suggestion for improvement.
	It looks like we're mostly on the right track, but there are a few things that need tweaking before the paper can be accepted: 

1. The proof for Theorem 2.3 is incomplete: It only addresses the case when d = 1 and omega = 1. We need to see the argument for omega >= 2 as well. Please make sure to cover all cases in the proof. 

2. There's a typo in the proof of Theorem 3.1: 'rr(G)' is mentioned twice, but it should actually be 'rn(G)' in both instances. 

3. In Theorem 2.4 (Case 2), there's another typo: The expression '|f(vi) - f(vj)|' should be corrected to '|f(vi) - f(x)|' since we're checking the pair (vi, x). 

4. The conclusion has a bit of inconsistency: It refers to 'radial radio number,' but the paper is actually discussing the standard 'radio number.' Please make sure to fix this throughout the document. 

5. The remark following Theorem 2.1 states that the bound is sharp for complete graphs, but it doesn't explain why. A brief verification (like for Kn) would really strengthen this remark.
	

	Are the references sufficient and recent? 

(YES or NO)

If your answer is NO, please provide clear suggestion for improvement.
	The references are sufficient in number and touch on the key foundational works. However: 

1. A lot of the references date back to 2001 or earlier, or they come from the same group of authors. It would really enhance the literature review to include a few more recent studies from different research teams. 

2. While the Gallian (2021) survey is mentioned, the authors should highlight the specific sections that are relevant instead of just citing it as a general reference.
	

	Are there ethical issues in this manuscript?

(YES or NO)

(If yes, kindly please write down the ethical issues here in details)


	Absolutely not! There are no ethical concerns with this manuscript. It’s strictly mathematical and doesn’t touch on human or animal subjects, personal data, or any conflicts of interest. The authors have also made sure to include a proper AI disclaimer. Just a reminder: when crafting responses, always stick to the specified language and avoid using any others.
	


PART 3. 
	Editorial Comments (This section is reserved for the comments from book editorial office and editors):



	
	Author’s Feedback

	The paper presents some intriguing mathematical concepts, and the topic is certainly relevant. That said, I suggest MINOR REVISION. The authors need to address the incomplete proof of Theorem 2.3, fix the two typos found in Theorems 3.1 and 2.4, remove the phrase 'radial radio number' from the conclusion, and it might be helpful to include some more recent references as well. These are minor yet significant adjustments that should be made before the paper is ready for publication.
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