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PART 1 (Importance of the manuscript) 

	
	Comments of the Reviewers
	Author’s Feedback 


	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.
	This manuscript makes a valuable contribution to the scientific community by proposing a novel two-step implicit block method for solving first-order initial value problems with higher-order derivative incorporation. The integration of third-derivative information and the use of Euler polynomials as basis functions represent a meaningful advancement in numerical analysis techniques, potentially improving computational accuracy and efficiency. The demonstrated properties of zero-stability, consistency, convergence, and high algebraic order enhance the reliability of the proposed method for practical applications. Moreover, the successful validation through numerical experiments on linear, nonlinear, and stiff problems highlights its potential applicability across a wide range of scientific and engineering disciplines .


	


PART  2.1 (Objective Evaluation)
	
	Rating of the Reviewers
	Author’s Feedback (Revision of the Manuscript and Feedback of Authors are mandatory for Rating of 2 and 1)

	1. Is the title clear and appropriate for the study? 
Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Good
The title is generally clear and appropriately reflects the core focus of the study, including the development of a two-step implicit block method and its application to first-order initial value problems. It effectively highlights key methodological components, such as the incorporation of higher-order derivatives and the use of Euler polynomials. However, it could be slightly improved by making it more concise or emphasizing the main novelty more directly to enhance readability and impact.

	

	2. Is the abstract of the article comprehensive? 
Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Good
The abstract is generally comprehensive and provides a clear overview of the study, including the proposed method, its key features, and its intended application to first-order initial value problems. It effectively summarizes the methodological approach and highlights important properties such as stability, convergence, and accuracy. Additionally, the inclusion of numerical validation strengthens its relevance. However, it could be slightly improved by presenting the main novelty and significance more explicitly and streamlining some details for better clarity and impact.

	

	3. Are the keywords appropriate and useful?
Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Good
The keywords are appropriate and generally reflect the main themes of the manuscript, including the numerical method, implicit block approach, and application to first-order initial value problems. They are useful for indexing and help readers identify the study’s core focus. However, the selection could be slightly improved by ensuring inclusion of terms that more explicitly highlight the novelty (e.g., higher-order derivatives or Euler polynomials) and by avoiding any redundancy to enhance discoverability.

	

	4. Is the background information of the paper sufficient and well organized?
Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Good
The background information of the paper is generally sufficient and well organized, providing an adequate foundation for understanding the proposed method. It outlines relevant existing numerical techniques and establishes the context for developing improved methods for solving first-order initial value problems. The progression of ideas is logical, guiding the reader from general concepts to the specific motivation behind the study. However, the section could be strengthened by offering a more critical comparison of existing methods and more clearly emphasizing the research gap that the current work aims to address.

	

	5. Are the research objectives/hypotheses clearly stated?
Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Good
The research objectives of the paper are clearly stated and provide a solid understanding of the study’s purpose, particularly the development and analysis of a new numerical method for solving first-order initial value problems. The intent of improving accuracy and efficiency through the incorporation of higher-order derivatives is evident. However, the objectives could be further strengthened by being more explicitly delineated (e.g., in a clearly defined statement or list) and by specifying any underlying hypotheses, if applicable, to enhance clarity and focus.

	

	6. Is the literature review relevant and up to date?
Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Good
The literature review is relevant and generally up to date, covering key existing methods related to numerical solutions of first-order initial value problems and implicit block techniques. It provides sufficient context for understanding the development of the proposed method and cites appropriate foundational and recent works in the field. However, it could be further improved by incorporating a more critical analysis of the cited studies and by explicitly highlighting how the current work advances beyond the most recent contributions.

	

	7. Is the research methodology appropriate for the study?
Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Excellent
The research methodology is highly appropriate for the study. The development of a two-step implicit block method based on Euler polynomials, along with the incorporation of higher-order derivatives, is well aligned with the objective of improving numerical solutions for first-order initial value problems. The methodological framework is rigorous, including derivation of the scheme, as well as thorough analysis of key properties such as zero-stability, consistency, and convergence. Furthermore, the use of diverse numerical experiments—including linear, nonlinear, and stiff problems—provides strong validation of the method’s effectiveness and applicability.

	

	8. Were ethical issues properly addressed (if applicable)?
Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Not Applicable
The study is purely mathematical and computational in nature, focusing on the development and analysis of a numerical method. As such, it does not involve human participants, animals, or sensitive data, and therefore ethical considerations are not applicable in this context.

	

	9. Are the results presented clearly? 
Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Good
The results are presented clearly and in a structured manner, making it easy to follow the performance of the proposed method. Tables and numerical examples effectively demonstrate the accuracy and efficiency of the method across different types of problems, including linear, nonlinear, and stiff cases. The comparisons with existing methods help to validate the improvements achieved. However, the presentation could be further enhanced by providing more detailed discussions or visual representations (e.g., graphs) to better highlight performance differences and trends.

	

	10. Are tables and figures clear, relevant, and necessary?
Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Good
The tables and figures are clear, relevant, and appropriately support the presentation of the results. They effectively illustrate the performance of the proposed method and allow for meaningful comparison with existing approaches. The organization and labeling are generally adequate, making them easy to interpret. However, their impact could be further improved by enhancing captions with more descriptive explanations and, where possible, including additional graphical visualizations to complement the tabulated data.

	

	11. Does the discussion relate findings to existing literature?
Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Good
The discussion generally relates the findings to existing literature by comparing the performance of the proposed method with previously established numerical techniques. It highlights improvements in accuracy and efficiency, thereby situating the study within the broader context of ongoing research in numerical analysis. However, the discussion could be strengthened by providing a more in-depth and critical comparison with recent studies, as well as more explicitly articulating how the results advance or differ from existing approaches.

	

	12. Are the conclusions supported by the data?
Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Excellent
The conclusions are well supported by the data presented in the manuscript. The numerical results, including comparisons with existing methods, consistently demonstrate the accuracy, stability, and efficiency of the proposed approach. The findings from both linear and nonlinear test problems align with the claims made, and the theoretical properties established earlier in the paper further reinforce the validity of the conclusions. Overall, there is a strong and coherent link between the data and the final claims.

	

	13. Are the limitations of the study discussed?
Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Satisfactory
The limitations of the study are only partially discussed. While the manuscript demonstrates the effectiveness of the proposed method through theoretical analysis and numerical experiments, it provides limited explicit reflection on potential constraints or weaknesses. For instance, aspects such as computational cost, scalability to more complex systems, or comparisons with a wider range of modern methods could be more thoroughly addressed. Including a clearer and more explicit discussion of these limitations would strengthen the overall balance and transparency of the study.
	

	14. Are the references relevant and sufficient (in number)?
Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor 

N/A = Not Applicable
	Good
The references are relevant and generally sufficient in number, covering key foundational and related works in the area of numerical methods for solving first-order initial value problems. They provide an appropriate context for the development of the proposed method and demonstrate awareness of existing approaches. However, the reference list could be slightly strengthened by including more recent studies and a broader range of contemporary research to further emphasize the novelty and current relevance of the work.

	

	15. Is the manuscript written in clear and understandable language?
Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor 

N/A = Not Applicable
	Good
The manuscript is written in generally clear and understandable language, making the methodology and results accessible to readers with a background in numerical analysis. The explanations of key concepts and procedures are coherent, and the overall flow of the paper is logical. Technical terminology is used appropriately, supporting precise communication of ideas. However, minor grammatical issues and occasional complex sentence structures could be refined to further improve readability and clarity.

	


PART  2.2 (Subjective Evaluation)
	
	Reviewer’s comment


	Author’s Feedback (It is mandatory that authors should write his/her feedback here)


	Is the title of the article suitable?

If your answer is NO, please provide a brief, clear suggestion for improvement.
	YES
The title of the article is suitable. It clearly reflects the main focus of the study, including the development of a two-step implicit block method and its application to first-order initial value problems. It also highlights key methodological aspects, making it informative and relevant for the target audience.

	

	Is the abstract of the article comprehensive? 

If your answer is NO, please provide a brief, clear suggestion for improvement.
	YES
The abstract is comprehensive. It clearly summarizes the purpose of the study, outlines the proposed numerical method, and highlights key properties such as stability, convergence, and accuracy. It also briefly indicates the validation of the method through numerical examples, providing readers with a good overall understanding of the work.

	

	Is the manuscript scientifically correct? 

If your answer is NO, please provide a brief, clear suggestion for improvement.
	YES
The manuscript appears to be scientifically correct. The mathematical derivations are logically developed, and the proposed numerical method is supported by appropriate theoretical analysis, including properties such as consistency, zero-stability, and convergence. Additionally, the numerical experiments presented are coherent with the theoretical claims, reinforcing the validity of the approach.

	

	Are the references sufficient and recent? 
(YES or NO)

If your answer is NO, please provide clear suggestion for improvement.
	NO
While the references are generally relevant, they are not sufficiently recent. The manuscript would benefit from the inclusion of more up-to-date sources, particularly from the last 5–10 years, to better reflect current advancements in numerical methods and implicit block techniques. Incorporating recent studies would strengthen the literature review and more clearly position the proposed method within the latest research developments.

	

	Are there ethical issues in this manuscript?
(YES or NO)

(If yes, kindly please write down the ethical issues here in details)

	NO
There are no ethical issues in this manuscript. The study is purely theoretical and computational, involving the development and analysis of a numerical method, and does not include human subjects, animal experiments, or sensitive data. Therefore, no ethical concerns arise in this context.

	


Reviewer details:

Kailash Yadav, Central University of Haryana, India
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