Review Form (Research)

	Book Name:
	Knowledge, Innovation and Technology in Scientific Research

	Manuscript Number:
	Ms_BPR_7920

	Title of the Manuscript: 
	Degree of Approximation of Periodic Functions by Generalized Cesaro–Euler Product Means of Fourier Series

	Type of the Article
	Research Article


PART 1 (Importance of the manuscript) 

	
	Comments of the Reviewers
	Author’s Feedback 



	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.
	
	


PART  2.1 (Objective Evaluation)
	
	Rating of the Reviewers
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	NA
	

	3. Are the keywords appropriate and useful?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	NA
	

	4. Is the background information of the paper sufficient and well organized?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	NA
	

	5. Are the research objectives/hypotheses clearly stated?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	NA
	

	6. Is the literature review relevant and up to date?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	NA
	

	7. Is the research methodology appropriate for the study?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	NA
	

	8. Were ethical issues properly addressed (if applicable)?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	NA
	

	9. Are the results presented clearly? 

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	NA
	

	10. Are tables and figures clear, relevant, and necessary?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	NA
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	14. Are the references relevant and sufficient (in number)?
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	Is the title of the article suitable?

If your answer is NO, please provide a brief, clear suggestion for improvement.
	
	

	Is the abstract of the article comprehensive? 

If your answer is NO, please provide a brief, clear suggestion for improvement.
	
	

	Is the manuscript scientifically correct? 

If your answer is NO, please provide a brief, clear suggestion for improvement.
	1. The manuscript addresses an interesting topic in approximation theory, but the mathematical presentation needs considerable improvement. 

 2. The definition of the generalized product mean should be stated clearly and rigorously. The authors should specify all parameters and their admissible ranges.

 3. The main theorem (Theorem 4.1) is not sufficiently clear. The exact assumptions on the function, Lipschitz class, parameters, and norm should be explicitly stated. 

4. The proof of the main theorem is too brief. Several intermediate steps are omitted. The derivation of the required estimates should be presented in detail. 

5. The statements and proofs of Lemma 1 and Lemma 2 need to be rewritten because the current mathematical expressions are difficult to understand.

 6. The manuscript should clearly explain the proposed method compared with existing results on product means and Fourier series.

 7. The literature review should be strengthened by including and discussing more recent research on Cesàro, Euler, and product summability methods.

 8. Some of the claims in the Results and Discussion section are not supported by numerical or graphical results. If numerical experiments are claimed, suitable examples, tables, or figures should be provided.

 9. The special cases given in Section 7 should be verified mathematically and their relationship with known summability methods should be explained. 

10. There are several grammatical and typographical errors throughout the manuscript. The paper requires careful English-language editing. 

The topic is potentially suitable for publication, but substantial revision is required to improve the mathematical rigor, complete the proofs, correct the notation, and improve the overall presentation
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