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PART 1 (Importance of the manuscript) 

	
	Comments of the Reviewers
	Author’s Feedback 



	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.
	This manuscript addresses an important topic in harmonic analysis and approximation theory. The application of product (layered) means improves convergence stability and significantly reduces oscillatory behavior, such as the Gibbs phenomenon, compared to classical single-summability methods (e.g., standard Cesàro or Euler means). The theoretical error estimates obtained in this work extend classical results and carry potential utility for numerical analysis, signal processing, and mathematical modeling of periodic phenomena.
	


PART  2.1 (Objective Evaluation)
	
	Rating of the Reviewers
	Author’s Feedback (Revision of the Manuscript and Feedback of Authors are mandatory for Rating of 2 and 1)

	1. Is the title clear and appropriate for the study? 

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	2. Is the abstract of the article comprehensive? 

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	3. Are the keywords appropriate and useful?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	4. Is the background information of the paper sufficient and well organized?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	5. Are the research objectives/hypotheses clearly stated?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	6. Is the literature review relevant and up to date?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	7. Is the research methodology appropriate for the study?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	8. Were ethical issues properly addressed (if applicable)?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5
	

	9. Are the results presented clearly? 

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	10. Are tables and figures clear, relevant, and necessary?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A
	

	11. Does the discussion relate findings to existing literature?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	12. Are the conclusions supported by the data?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	13. Are the limitations of the study discussed?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	14. Are the references relevant and sufficient (in number)?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor 

N/A = Not Applicable
	4
	

	15. Is the manuscript written in clear and understandable language?

Rating Scale: 

5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor 

N/A = Not Applicable
	4
	


PART  2.2 (Subjective Evaluation)
	
	Reviewer’s comment


	Author’s Feedback (It is mandatory that authors should write his/her feedback here)



	Is the title of the article suitable?

If your answer is NO, please provide a brief, clear suggestion for improvement.
	YES, but it could be made more precise: "Degree of Approximation of Functions in Lipschitz Classes by (C,1) (E,1) Product Means of Fourier Series".
	

	Is the abstract of the article comprehensive? 

If your answer is NO, please provide a brief, clear suggestion for improvement.
	YES, but it is recommended to include the exact quantitative error bound in Lp norms directly in the abstract so that readers immediately see the order of approximation achieved.


	

	Is the manuscript scientifically correct? 

If your answer is NO, please provide a brief, clear suggestion for improvement.
	YES, but while the core mathematical ideas are sound, several inaccuracies need to be addressed:

1. In Theorem 4.1, the condition [image: image2.png];



 <[image: image4.png]


 <1 is stated, whereas elsewhere in the text and discussion, 0<[image: image6.png]


 ≤1 is mentioned. The valid domain for parameters [image: image11.png]




 QUOTE [image: image12.png]


  must be made consistent across all sections.
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 and 
2. The proof of the Principal Theorem (Section 6) heavily relies on Theorem 5.3. If Theorem 4.1 is a direct corollary of Theorem 5.3 for [image: image14.png]


(t)=[image: image16.png]


 and q=1, this should be explicitly explained, including how the integral conditions in Theorem 5.3 are verified.
The manuscript presents meaningful mathematical results that fit the scope of the book volume. However, the text requires technical revision due to several incorrect mathematical notations, typesetting glitches (such as missing spaces), and an overly brief proof of the main theorem. I recommend accepting the chapter subject to Minor Revision to allow the authors to correct these inaccurate notations, polish the mathematical typography, expand the proof details, and fix minor reference errors.


	

	Are the references sufficient and recent? 

(YES or NO)

If your answer is NO, please provide clear suggestion for improvement.
	YES, but all references must be brought into compliance with a single citation standard (APA 7th edition), ensuring active DOI links are included where available. The author's initials and journal names are thoroughly verified for accuracy.
	

	Are there ethical issues in this manuscript?

(YES or NO)

(If yes, kindly please write down the ethical issues here in details)
	NO.
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